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A pre®iously proposed methodology for analyzing the economic performance of dif-
ferent structures of an integrated model predicti®e regulatory control and on-line opti-
mization system is illustrated using the simulated case study of a fluid-catalytic cracker.
The economic performance of two pre®iously proposed regulatory control structures, the
con®entional and riser-regenerator control structures, is assessed both in isolation and
as part of a real-time optimization system. The results show that the economic per-
formance of the con®entional structure is superior when operated in isolation. The the-
ory, howe®er, predicts that an optimally configured real-time optimization system based
on the riser-regenerator structure will deli®er superior performance o®erall. The predic-
tions of the method were confirmed using Monte Carlo simulations.

Introduction

With the application of steady-state on-line optimization
techniques, considerable economic benefits in process opera-

Ž .tions can be achieved Cutler and Perry, 1983 . In order to
maintain the economically optimal operation of the process
in the presence of slow disturbances and uncertainties, proc-
ess measurements are taken and used to update a set of model
parameters in an estimation step. The optimization model is
then optimized with the estimated parameters and a new op-
timal steady-state operating point is determined. An impor-
tant prerequisite for a successful implementation of on-line
optimization techniques is that a well-tuned regulatory con-
trol system is in place. The regulatory control system brings
the process to the new optimal steady state determined by
the optimizer and holds the process as close as possible to
this operating point until a future point in time when another
on-line optimization cycle starts. Nowadays, this is often

Ž .achieved using model predictive control MPC techniques
Ž .Qin and Badgwell, 1996 . Constraints on the manipulated
and controlled variables of the process can be incorporated
at this level in order to operate the process closer to econom-
ically important constraints, prevent manipulated variables
from saturation, and take immediate action in the case of
signal or valve failures.

In the first part of this article, a methodology estimating
the dynamic economic performance of a model predictive

Correspondence concerning this article should be addressed to J. D. Perkins.

Ž .regulatory control MPC system in terms of regulatory con-
straint backoff from process constraints has been presented.
The resulting method has been integrated with the estab-
lished method of the average deviation from optimum analyz-
ing the likely economic benefit of implementing an on-line

Žoptimizer on a plant de Hennin et al., 1994; Loeblein and
.Perkins, 1996 . Thus, the economic performance of different

structures of the integrated system for on-line optimization
and regulatory control of the process can be estimated and
important structural design decisions for the on-line opti-
mization or regulatory control system such as the selection of
regulatory control set points, estimated parameters, process
measurements, or choice of the optimization model can be
taken with regard to the performance of the overall system.
In this article, the theory is illustrated using the simulated

Ž .case study of a fluid-catalytic cracker FCC .
The FCC process is described together with the model rep-

resenting the process. The dynamic economics of two differ-
ent regulatory control structures are analyzed. The effect of
the dynamic economics of the regulatory control layer and its
structure on the performance of the on-line optimization sys-
tem are illustrated, followed by some conclusions.

Modeling and Optimization of a FCC
The method of the average deviation from optimum for

the analysis of the economic performance of the integrated
MPC regulatory control and on-line optimization system is
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demonstrated on a case study which consists of the optimiza-
tion and control of a FCC. For a given set of uncertain pa-
rameters and fast disturbances, different structures of the
on-line optimization and regulatory control system are com-
pared and the structure with the best economic performance
is determined. In the next sections, a short introduction to
the FCC process is given together with an overview on rele-
vant literature of modeling, control and optimization of FCC
units. After that, the results of the method of the average
deviation from optimum are presented.

Introduction to the FCC process
FCC is one of the most important processes in the petro-

chemical industry. It is operated to convert heavy, high boil-
ing hydrocarbon petroleum fractions into lighter and more

Žvaluable components such as gasoline, light olefins C s and3
.C s , and light gases. Due to its large throughput and the4

high product-feed upgrade, the economically optimal opera-
tion of a FCC is important for the overall profit of a refinery.
The FCC process is, therefore, subject to the application of
advanced control and optimization algorithms in order to im-

Ž .prove its economic performance McFarlane et al., 1993 .
The flowsheet of a FCC process is shown in Figure 1. Heavy

gas oil from other refinery units is preheated and mixed with
hot catalyst from the regenerator. The cracking reactions oc-
cur while the mixture of vaporized oil and catalyst flows up to
the riser. The heat of the regenerated catalyst provides the
necessary heat of vaporization and heat of reaction for the
endothermic cracking reactions. Having reached the separa-
tor, which is sometimes also referred to as the reactor, the

Figure 1. FCC plant.

vaporized products and the spent catalyst are separated. The
products are removed overhead while the catalyst is returned
to the stripping section of the separator where steam is in-
jected to remove volatile hydrocarbons from the catalyst. As
a byproduct of the cracking reactions, coke is formed, which
is deposited on the catalyst and reduces its activity. Due to
the reduced activity of the catalyst, continuous regeneration
is necessary. The spent catalyst is transported to the regener-
ator where it is fluidized by air. Due to the presence of hot
air, the carbon deposited on the catalyst is burned off by re-
acting with the oxygen in the air, which also heats up the
regenerated catalyst. The flue gas travels up the regenerator
into the cyclones where entrained catalyst is removed and
returned to the bed.

FCC model
Several authors have made substantial efforts to model the

behavior of FCC units. A detailed review of recent work on
FCC modeling can be found in the article by Arbel et al.
Ž .1995 . Contributions to the modeling of FCC units vary from

Ž .regenerator models Errazu et al., 1979 over kinetic models
for the reactions taking place in the reactor riser, such as

Ž .the four-lump model of Lee et al. 1989 and the ten-lump
Ž .model of Jacob et al. 1976 , to models describing the entire

process, where the most commonly used are the ones by
Ž . Ž .McFarlane et al. 1993 , Lee and Groves 1985 and Arbel et

Ž .al. 1995 .
The model used for this case study is the one developed by

Ž .Lee and Groves 1985 with slight modifications according to
Ž .Hovd and Skogestad 1993 . It is based on the three-lump

reactor model which comprises the main components in a
FCC unit. The chemical species are lumped into the three
pseudo-components gas oil F, gasoline G, and light gasesr
carbon L. The cracking is then described by the following
three reactions

F ™G

G™ L 1Ž .
F ™ L.

The FCC model with its modifications is described in Hovd
Ž .and Skogestad 1993 , and a brief summary of the FCC model

equations is given in the Appendix.

Nominal steady-state optimization
For a continuous process, the overall profit of plant opera-

tion is usually given by the product values minus costs for raw
material and utilities. Since the utilities are not considered in
the FCC model presented above, the economic objective
function comprises only product values and raw material costs
and has the following form

Fs86,400 P F q P F q P F y P F . 2Ž .Ž .gl gl g s gs u go u go u go feed

The product values are given in Table 1. It is assumed that
the value of unconverted gas oil is equal to the feed oil price

Ž .P $rkg . The objective function is multiplied by 86,400u go
srd to give the profit in the unit of $rd.
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Table 1. FCC Product Values

Component Value

Unconverted gas oil P s$0.088rkgu g o
Gasoline P s$0.14rkgg l
Light gases P s$0.132rkgg s

The feasible operating region of an FCC is usually limited
Žby a number of equipment and operating constraints Hovd

.and Skogestad, 1993; McFarlane et al., 1993 . The process
constraints are listed below:

v Maximum regenerator cyclone temperature due to the
metallurgical limit of the cyclone T F1,000 K.c y

v Metallurgical limit of the reactor riser

T F1,000 K 3Ž .r i

T F1,000 K. 4Ž .ro

v Maximum air blower capacity F F60 kgrs.air
v Maximum and minimum catalyst circulation rate, 100

kgrsF F F400 kgrs.cat
The independent variables that will be used for control in

the following are the catalyst circulation rate F and the aircat
Žflow to the regenerator F Lee and Groves Jr., 1985;air

Balchen et al., 1992; Hovd and Skogestad, 1993; Alvarez-
.Ramirez et al., 1996 . In order to analyze the economic

performance of a MPC regulatory control system and the
integrated control and optimization system, the nominal
optimum operating point of the FCC needs to be deter-

Ž .mined. The objective function Eq. 2 is maximized with re-
spect to the manipulated variables F and F , subject toair cat
the steady-state model equations and the operating con-
straints given above. The nominal parameter values and re-
maining independent variables are given in the Appendix.

The nominal optimization gives an economic optimum of
Fs$36,905.7rd. The corresponding input variables at the
nominal optimum are F s284.11 kgrs and F s25.68 kgrs.cat air
There is only one active constraint at the optimum, which is
the constraint on the cyclone temperature T s1,000 K.c y

Regulatory Control of the FCC Unit
The problem of model-based control and control structure

selection of the FCC processes has been addressed by several
Žauthors Lee and Groves, Jr., 1985; Balchen et al., 1992; Hovd

and Skogestad, 1993; Alvarez-Ramirez et al., 1996; Arbel et
.al., 1996 . In the following, we shall analyze the performance

of two structures previously considered by Hovd and Skoges-
Ž . Ž .tad 1993 and Arbel et al. 1996 , viz., the conventional con-

trol structure and the riser-regenerator control structure. The
conventional control structure controls the temperature dif-
ference between the cyclone and the regenerator dense bed

Ž . Ž .DT K and the reactor riser outlet temperature T K ,c y ro
while the riser-regenerator control structure uses the regen-

Ž .erator dense bed temperature T K , and the riser outletreg
temperature T , as controlled variables. In both structures,ro
the manipulated variables are the catalyst circulation rate Fcat
and the air rate to the regenerator F . Using measures ofair

Ž .controllability such as right half plane RHP zeros and the

Ž .frequency-dependent relative gain array RGA , Hovd and
Ž .Skogestad 1993 suggested that the riser-regenerator struc-

Ž .ture T , T is the preferred choice of control structurero reg
Ž .compared to the conventional control structure DT , T ,c y ro

as the riser-regenerator control structure does not possess
RHP transmission zeros within the desired bandwidth.

In the next two sections, the dynamic economics of the
conventional and the riser-regenerator control structure are
examined using the model predictive controller described in
the first part of this article. The nonlinear process model given
in the last section is linearized at the nominal steady-state
optimum and discretized with a sample time of 3 min in or-
der to obtain a discrete, linear time-invariant state-space
model of the process

x kq1 s Ax k q B u k q B d kŽ . Ž . Ž . Ž .u ®

y k sCx k q D u k q D d k qw k . 5Ž . Ž . Ž . Ž . Ž . Ž .u ®

The disturbances d entering the process are stochastic varia-
tions in the coking characteristics of the gas oil feed, repre-

Ž y1.sented by the coke formation factor c s and variations in
Ž . wthe feed temperature T K . The disturbance vector ds cfeed

xTT is assumed to follow the linear differential equationfeed
Ž .driven by white noise ® k which is shown below

0.95 0d kq1 s d k q ® k . 6Ž . Ž . Ž . Ž .0 0.95

The covariance of the Gaussian white noise driving the dis-
turbances is given the following value

y810 0V s . 7Ž .
0 1

A typical profile of the disturbance variables over 12 h is
shown in Figure 2.

Figure 2. Stochastic disturbances in feed coking
characteristics c and feed temperature Tfeed
over 12 hours.
Ž .] ? ] Nominal value.
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Performance of the con©entional control structure
The conventional control structure uses the temperature

rise from the regenerator dense bed to the cyclones DT ,c y
and the reactor riser outlet temperature T , as controlledro
output variables, while the set of manipulated variables is u

w xT Ž .s F F . The measurement error w k of the controlledair cat
w xToutput variables ys DT T is assumed to have the fol-c y ro

lowing covariance matrix

0.0004 0W s . 8Ž .0 0.64

The dynamic economics of the conventional control structure
are determined based on the unconstrained control law. The
regulator was augmented with an output step disturbance
vector in order to introduce an integral action into the con-
troller. The covariance of the output variables, that is, the
controlled as well as the constrained variables, is examined
under closed loop. The tuning parameters, which are the ob-
jective function weighting matrices, the input prediction hori-
zon, and the covariance of the output step disturbance vector
are determined by trial and error in order to minimize the
closed-loop covariance of the constrained variable T , while,c y
at the same time, keeping the covariance of the controlled
variables DT and T as small as possible. The followingc y ro
tuning parameters minimize the covariance of Tc y

y65 0 0 0 2 0 10 0< < <w xQ R S F s .
y60 3 0 0 0 0.02 0 10

9Ž .

The matrix F is the noise covariance matrix of the output
step disturbance. The input prediction horizon was chosen to
be Ns3. These tuning parameters gave good closed-loop co-
variances of the controlled and constrained output variables
compared to the open-loop covariances, as can be seen in
Table 2. The closed-loop covariance of T results in a neces-c y
sary backoff from the constraint due to the regulatory dis-
turbances of b s1.6643 K, if feasible operation for a prob-reg
ability of a s99% is required. In order to obtain the dy-
namic economics of the conventional control structure, the
necessary constraint backoff b is introduced into the cor-reg

Ž .responding linear program LP as described in the first part
of this article. The solution of the resulting LP gives an ob-
jective function value of DFsy$847.87rd. This implies that
the loss in economic performance due to moving away from
the active cyclone temperature constraint amounts to
$847.87rd less profit, compared to the ideal case with no dis-
turbances present.

Table 2. Covariance of Output Variables and
Constraint Backoff for Conventional Control Structure

Open-Loop Closed-Loop
y Covariance Covariance breg

DT 6.4382 0.2416 }c y
T 6.3857 2.2080 }r o
T 1.0048 0.5118 1.6643 Kc y

Figure 3. Convergence of covariance of T duringcy
linear Monte Carlo simulations of conven-
tional control structure.

The controller was applied to the nonlinear model and was
simulated for 4,000 time samples, which corresponds to 200 h
in order to analyze the feasibility of the backed off operating
point in the presence of the regulatory disturbances. The
constraint on T was feasible for a probability of almostc y
100%. This might suggest that the size of the necessary back-
off is overestimated by the analysis. However, Monte Carlo
simulations of the closed-loop system using the linear process
model showed a different reason for this behavior. The linear
closed-loop system was simulated over 20,000 time samples.
The simulations showed that the constraint was feasible for a
probability of a s99.94%, which again might indicate a con-
servative estimation of the size of backoff. An explanation of
this behavior can be seen in Figure 3, where the covariance
of the constrained variable T as a function of time samplesc y
is shown. As can be seen, the covariance converges extremely
slowly towards the value predicted by the analysis. Since the
calculation of the backoff is based on the solution of the Lya-

Ž .punov equations see the first part of this article and, there-
fore, considers the behavior of the system for k™`, the
analysis results can only be reproduced from linear Monte
Carlo simulations when the system has converged. Thus, the
seeming overestimation of the regulatory backoff for the con-
ventional control structure stems from the extremely slow
convergence of the system to the covariance of T predictedc y
by the analysis.

Performance of the riser-regenerator control structure
w xTWith its controlled outputs ys T T and manipulatedreg r o

w xTvariables us F F , the riser-regenerator control struc-air cat
ture is a preferred choice of control structure for the FCC

Ž .process Hovd and Skogestad, 1993 . In this section, the dy-
namic economics of the riser-regenerator control structure are
analyzed as was done in the last section for the conventional
control structure. The covariance of the measurement error
of the controlled output variables is assumed to take the fol-
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Table 3. Covariance of Output Variables and
Constraint Backoff for Riser-Regenerator Control

Structure

Open-Loop Closed-Loop
y Covariance Covariance breg

T 7.9251 0.4894 }reg
T 6.3857 0.7417 }r o
T 1.0048 0.9181 2.2290 Kc y

lowing value

1 0W s . 10Ž .0 0.64

The tuning parameters of the model predictive controller
were determined by trial and error in order to minimize the
necessary regulatory constraint backoff. The input prediction
horizon was set to Ns3, and the following values for the
MPC objective function weighting matrices and the covari-
ance matrix of the output step disturbance were chosen

y51 0 0 0 0 0 10 0< < <w xQ R S F s . 11Ž .y50 2 0 0 0 0 0 10

This set of tuning parameters results in good closed-loop co-
variances of the controlled variables T and T , and thereg r o
constrained cyclone temperature, as can be seen in Table 3.
For a required probability of feasible operation of a s99%,
a backoff from the cyclone temperature constraint of b sreg
2.2290 K is necessary. This size of the necessary backoff
corresponds to a dynamic economic performance of the riser-
regenerator control structure of DFsy$1,135.5rd.

The model predictive controller was applied to the nonlin-
ear system and the feasibility of the closed-loop system in the
presence of regulatory disturbances was examined. The
closed-loop system was simulated for 4,000 time samples or
200 h. For this control structure, the cyclone temperature
constraint was feasible for a probability of 98.62% which
matches quite well the probability of feasible operation pre-
dicted by the analysis. For this control structure, the covari-
ance of the constrained variable T converges much faster toc y
a value close to the covariance predicted by the analysis. This
can be seen in Figure 4, where the evolution of the covari-
ance of T over the number of time samples during linearc y
Monte Carlo simulations is shown. The cyclone temperature
constraint was feasible for a probability of 98.82% after 20,000
time samples.

Summary
The regulatory constraint backoffs and the corresponding

dynamic economic performances of two control structures of
the FCC unit have been compared. Although the conven-
tional control structure possesses a RHP transmission zero
close to the origin which will limit the achievable bandwidth
and the speed of response to step disturbances and set point
changes, the necessary backoff is smaller and it is possible to
operate the process closer to the cyclone temperature con-

Figure 4. Convergence of covariance of T duringcy
line ar M o nte C arlo s im u la tio ns o f
riser-regenerator control structure.

straint for the considered stochastic disturbances compared
to the riser-regenerator control structure. Since the size of
the constraint backoff is associated with the loss in economic
performance due to moving the operating point inside the
feasible region away from the constraint, the conventional
control structure would be the economically superior struc-
ture and shows better dynamic economics compared to the
riser-regenerator control structure. The reason for this be-
havior is the fact that, for the considered set of disturbances,

Žit is better to control DT which is equivalent to controllingc y
.the regenerator oxygen concentration instead of T sincereg

the disturbances in the feed coking characteristics c affect
the coke and oxygen balances of the system.

On-line Optimization of the FCC Unit
In this section, the economic performance of different

on-line optimizer structures is compared and an optimal
structure is determined while taking into account the
dynamic economics of the regulatory control structure, as
analyzed in the last section. There are six uncertain process
parameters which might make an on-line optimization system
beneficial. The uncertain parameters together with their
nominal values and the assumed standard deviation of the
normally distributed uncertainty are given in Table 4. Since
the plant-model mismatch for this case study is assumed to
consist only in the uncertain parameter values, that is, a rig-

Table 4. Uncertain Parameters of FCC Process and
Possible Model Parameter to Estimate

p Nominal Value sh

t 9.6 s 0.24c
8 y1 6k 1.9=10 s 4.75=10cb

y4l 0.035 8.75=10
m 80 2

5 y1 4k 9.6=10 s 2.4=101
5E 1.126=10 kJrkmol 2815g
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orous model is used for optimization, the uncertain parame-
ters given in Table 4 are also the model parameters which
can be estimated during on-line optimization.

Optimizer performance with the con©entional control
structure

In the conventional control structure, the temperature rise
from the regenerator dense bed to the cyclones DT and thec y
reactor riser outlet temperature T are used as controlledro
output variables. The optimal set points at the nominal
steady-state optimum are DT s18.428 K and T s782.745c y ro
K. The process variables which can be measured for on-line
optimization using the conventional control structure are
given in Table 5 together with their expected capital and op-
erating costs in the units of the objective function. Since the
controlled output variables are kept close to a set point, they
do not provide significant information about the uncertain
process parameters and are not, therefore, process measure-
ments that can be taken to estimate a set of model parame-
ters during on-line optimization.

In order to analyze different structures of the on-line opti-
mizer and determine the economically optimal structure, a
first- and second-order perturbation model of the nonlinear
steady-state model of the process is obtained at the nominal
optimum. From this representation of the nonlinear problem,
an analytical expression for the average deviation from opti-
mum for a given on-line optimizer structure can be derived
and a ranking of different optimizer structures in terms of
their economic performance can be obtained.

After evaluating all possible online optimizer structures, the
analysis suggests that the option with the smallest deviation
from optimum is to estimate two parameters, namely, the res-

Ž .idence time of the feed in the riser t s and the reactionc
rate constant of the gas oil cracking reaction k using four of1
the available measurements. The selected measurements are

Ž .the gasoline flow rate F kgrs and the riser inlet, cyclone,gl
and regenerator temperatures T , T , and T . For thisr i c y reg
structure, the analysis predicts an average deviation from op-
timum of Qsy$1,703rd, which is a substantial improvement
against off-line optimization with an average deviation from

Ž . Žoptimum of Qsy$14,576rd see Table 6 . Off-line opti-
mization refers to the case where no on-line parameter esti-
mation is carried out and the process is optimized consider-
ing the a priori parameter uncertainty when determining the

.necessary constraint backoff. Recall that the nominal
optimum was Fs$36,905.7rd. The size of the necessary
backoff at the optimization level was determined to ensure
feasible operation of the process for a probability of a s99%.

Table 5. Possible Process Measurements for the
Conventional Control Structure

w xMeasurement y s Cost $rde

F 0.002 1u g o
T 1 0.5reg
F 0.002 1g l
F 0.002 1g s
T 1 0.5r i
T 1 0.5c y

Table 6. Optimization Analysis Results for the
Conventional Control Structure

On-Line Optimization Off-Line Optimization

Analysis Monte Carlo Analysis
Ž .Q $rd y1,703 y1,694"359 y14,576
a 99% 99.997% 99%

b 3.2845 K 3.2845 K 25.2437 Ktot

For this required probability, the analysis returns a backoff
from the active cyclone temperature constraint of b sopt
1.6203 K. Together with the necessary regulatory backoff due
to fast disturbances, b s1.6643 K, the total size of the con-reg

Ž .straint backoff is b s3.2845 K see Table 6 . The resultstot
for the ten best on-line optimizer structures are given in the
Appendix.

Since the analysis is based on an approximation of the non-
linear estimation and optimization problem, the analytical re-
sults are examined using nonlinear Monte Carlo simulations.
The integrated system of the model predictive controller and
on-line optimizer with the structure suggested by the analysis
is applied to the process which is subject to both parameter
uncertainty and fast disturbances as described above.
After a set of measurements is taken, the selected model
parameters are updated in the estimation step and new set
points are calculated by the optimizer. The set points pre-
dicted by the optimizer are passed on to the regulatory con-
trol level and the process is simulated for 6 h. The deviation
of the predicted from the true steady-state optimum is exam-
ined, as well as the feasibility of the cyclone temperature over
that time. A total number of 2,000 runs of this on-line opti-
mization procedure was simulated. The result is shown in
Table 6. The average deviation from optimum during the
nonlinear Monte Carlo simulations Qsy$1,694rd matches
the result predicted by the analysis quite well. Thus, the first-
and second-order approximation of the problem during the
analysis is justified in this case and the method gives a reli-
able estimation of the economic benefit of the on-line opti-
mizer. Also, the cyclone temperature constraint was feasible
for a probability of a s99.997% which more than satisfies
the feasibility requirement of 99%.

In Figure 5, the profiles of the controlled variables DTc y
and T , and the constrained variable T , are shown for thero c y
simulation of two on-line optimizer runs. The model predic-
tive controller is applied to the nonlinear process with the set
points predicted by the on-line optimizer. The analysis of the
economic performance of the integrated control and opti-
mization system does not take the transition from one set
point to another into account, so that only regulatory control
at the predicted set points is shown and the transition to the
new set point at ts6 h is assumed to be infinitely fast. As
can be seen, the controller is not able to hold the controlled
variables at set points very well. This is due to the fact that
the conventional control structure possesses a RHP transmis-
sion zero close to the origin, which results in a very slow
closed-loop response to disturbances and long periods of a
controlled variable offset from the set points. However, de-
spite the presence of parameter uncertainty, the size of the
constraint backoff is predicted quite well, since the con-
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Figure 5. Output variable profiles during on-line
optimization with the conventional control
structure.
Ž .] ? ] Set points.

strained cyclone temperature T is kept well below its upperc y
bound by the controller. The corresponding profiles of the
manipulated variables F and F can be seen in Figure 6.air cat

Optimizer performance with the riser-regenerator control
structure

In this section, the optimal structure of the on-line opti-
mizer with the riser-regenerator control structure in place is
determined. The optimal set points at the nominal optimum
for the riser-regenerator control structure are T s981.572reg
K and T s782.745 K. The process variables that can bero
chosen for measurement for the purpose of parameter esti-
mation during on-line optimization are given in Table 7.
Again, the controlled output variables T and T are notreg r o
part of the possible measurements as they are kept close to a
set point and do not contain significant information about

Figure 6. Input variable profiles during on-line
optimization with the conventional control
structure.

Table 7. Possible Process Measurements for the
Riser-Regenerator Control Structure

Ž .Measurement y s Cost $ de

F 0.002 1ugo
DT 0.02 0.5c y
F 0.002 1g l
F 0.002 1g s
T 1 0.5r i
T 1 0.5c y

the uncertain parameters. The set of possible measurements
for on-line optimization is therefore different from that for
the conventional control structure.

The average deviation from optimum is evaluated for all
possible structures based on a first- and second-order pertur-
bation model around the nominal optimum set points and
parameter values. The ranking of the ten best on-line opti-
mizer structures is given in the Appendix. The option with
the smallest deviation from optimum is to estimate the resi-
dence time of the feed in the riser t and the rate constant ofc

Ž y1.the coke combustion reaction k s . The following threecb
measurements are taken for estimating the two parameters:

Ž .the flow rate of the unconverted gas oil F kgrs , the tem-u go
perature difference between the cyclone and regenerator
dense bed DT , and the flow rate of gasoline F . The analy-c y gl
sis predicts an average deviation from the optimum of Qs
y$1,165rd for this structure. Compared to an average devia-
tion from optimum of Qsy$2,778rd for off-line optimiza-
tion, there exists considerable economic benefit of imple-

Ž .menting an on-line optimization system see Table 8 , al-
though it is significantly smaller than for the conventional
control structure, where off-line optimization shows an aver-

Žage deviation from optimum of Qsy$14,576rd see Table
.6 . Feasible operation is required for a probability of a s

99%, which results in a backoff from the active cyclone tem-
perature constraint of b s0.0466 K. With the necessaryopt
constraint backoff at the regulatory control level b s2.2290reg
K, the size of the total constraint backoff is b s2.2756 Ktot
Ž .see Table 8 .

The reason for the significant difference in the off-line
optimization results between the conventional and the riser-
regenerator control structures is the following. The energy
balance in a FCC is very sensitive to parameter changes. The
riser-regenerator control structure with T and T as con-reg r o
trolled variables regulates the energy balance of the system.
Therefore, the sensitivity of the cyclone temperature con-
straint with respect to changes in the uncertain parameters is
greatly reduced compared to the conventional control struc-
ture, where DT is a controlled variable instead of T .c y reg
Controlling DT is equivalent to controlling the oxygen con-c y

Table 8. Optimization Analysis Results for the
Riser-Regenerator Control Structure

On-Line Optimization Off-Line Optimization

Analysis Monte Carlo Analysis
Ž .Q $rd y1,165 y1,175"25 y2,778
a 99% 98.38% 99%

b 2.2756 K 2.2756 K 5.3570 Ktot

May 1999 Vol. 45, No. 5 AIChE Journal1036



Figure 7. Output variable profiles during on-line
optimization with the riser-regenerator control
structure.
Ž .] ? ] Set points.

Žcentration in the regenerator dense bed O see Eqs. A23d
.and A24 , which implies that the conventional control struc-

ture does not control the energy balance of the FCC. Due to
the high parameter sensitivity, a very large backoff from the
cyclone temperature constraint is required to accommodate
the parameter uncertainty if the conventional control struc-
ture is in place.

In order to examine the analytical results of the method of
the average deviation from optimum, nonlinear Monte Carlo
simulations with the on-line optimizer and the model predic-
tive controller applied to the nonlinear FCC process model
were carried out. The normally distributed parameter uncer-
tainty shown in Table 4 and the regulatory disturbances given
in Eq. 6 are applied to the process. Again, 2,000 online opti-
mization cycles are simulated and the average of the pre-
dicted from the true steady-state optimum is determined.
After each on-line optimization cycle, the process is simu-
lated for 6 h and the feasibility of the cyclone temperature
constraint is examined. As can be seen in Table 8, the Monte
Carlo simulations give an average deviation from the true op-
timum of Qsy$1,175rd and the simulation result agrees
quite closely within one standard deviation with the analysis
result. The size of the necessary backoff from the active cy-
clone temperature constraint is predicted quite accurately by
the analysis as the constraint is feasible for a probability of
98.38% during the simulations.

The performance of the model predictive controller ap-
plied to the nonlinear system can be seen in Figures 7 and 8.
The closed-loop system is simulated for two optimization in-
tervals and the transition from one set point to another is
again neglected. Since the riser-regenerator control structure
is a favorable selection of controlled and manipulated vari-
ables for the FCC process without RHP zeros, the controller
can hold the controlled variables much closer to the set point
in the presence of regulatory disturbances than is the case for
the conventional control structure. Additionally, the con-
strained output variable T is kept well below its upper boundc y

Ž .and remains feasible for a high probability see Figure 7 .

Figure 8. Input variable profiles during on-line
optimization with the riser-regenerator control
structure.

The corresponding input variable profiles are shown in Fig-
ure 8.

Summary
The economic performance of different structures of an

integrated on-line optimization and regulatory control system
for a FCC unit has been analyzed. The optimal structure of
the on-line optimization system in terms of estimated model
parameters and measured process variables has been deter-
mined for two different regulatory control structures: the
conventional control structure and the riser-regenerator con-
trol structure. Although the conventional control structure
shows a much better dynamic economic performance in terms
of constraint backoff at the regulatory control level than the
riser-regenerator control structure, the economic perform-
ance of the on-line optimizer and also the integrated opti-
mization and regulatory control system is much better when
the riser-regenerator control structure is in place and the re-
generator and riser outlet temperatures are used as set points.
This clearly indicates the necessity to, if possible, design the
structure of the on-line optimization and regulatory control
system simultaneously taking into account the economic per-
formances of both levels in an integrated framework.

Conclusions
The theory of analyzing the economic performance of dif-

ferent structures of an integrated MPC regulatory control and
on-line optimization system has been demonstrated on a sim-

Ž .ulated case study of a fluid-catalytic cracker FCC . It was
highlighted that the best economic performance of the on-line
optimization and regulatory control system is obtained when
all the structural decisions can be taken simultaneously.

Notation
As linear state-space model matrix
Bs linear state-space model matrix

Ž .c sheat capacity of air, kJr kgKpair
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Ž .c sheat capacity of catalyst, kJr kgKpc
Ž .c sheat capacity of steam, kJr kgKp d
Ž .c sheat capacity of feed oil, kJr kgKp f l

Cs linear state-space model matrix
C smass fraction of coke produced in the risercat
C smass fraction of coke on regenerated catalystr g c
C smass fraction of coke on spent catalystsc
C smass fraction of coke on catalyst in separators t

w xCOR scatalyst to oil ratio
Ds linear state-space model matrix

E sactivation energy for coke combustion, kJrkmolcb
E sactivation energy for coke formation, kJrkmolc f
E sactivation energy for cracking of gas oil, kJrkmolf
E sactivation energy for cracking of gasoline, kJrkmolg

fsnonlinear function or probability density function
F s flow rate of coke deposited on catalyst, kgrscoke
F s feed oil flow rate, kgrsfeed

gsnonlinear constraint functions
kssample time

k scracking reaction rate constants, sy1
i

K scracking reaction rates, sy1
i

msfactor for dependence of initial catalyst activity
M smolecular weight of air, kgrkmolair

M smolecular weight of coke, kgrkmolc
Nsexponent for dependence of C on Ccat r g c

O smole fraction of oxygen in air to regeneratorin
psparameters

P sgasoline price, $rkgg l
P sprice of light gases, $rkgg s
Qsoutput weighting matrix in MPC objective function
rsset point variables

Rs input weighting matrix in MPC objective function
R srate of coke combustion, kgrscb

Sscontrol action weighting matrix in MPC objective function
T s temperature of air to regenerator, Kair
T sriser inlet temperature, Kr i
T sseparator temperature, Ks t
Vsdisturbance covariance matrix
Wsmeasurement error covariance matrix
Wsholdup of catalyst in regenerator, kg

W smolar holdup of air in regenerator, kmola
W sholdup of catalyst in separator, kgs t

xsstate variables
y smass fraction of gas oilf
y smass fraction of gasolineg
zsdimensionless distance along reactor riser
asprobability
ascatalyst deactivation constant, sy1

dsperturbation variable around nominal optimum
D H sheat of CO combustion, kJrkmolCO

D H sheat of CO combustion, kJrkmolCO 22
D H sheat of cracking, kJrkgf

esnormally distributed measurement error
hsnormally distributed parameter uncertainty
usdimensionless temperature in reactor riser

Qsaverage deviation from optimum
lsmass ratio of dispersion steam to feed oil
ssstandard deviation
ssmolar ratio of CO to CO2
fsdeactivation of catalyst
Fseconomic objective function
Csconstraint covariance matrix
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Appendix: Process Model, Parameter Values and
Results of the FCC Case Study
FCC model equations

The reactor riser is modeled as a quasi steady-state plug-
flow reactor where the reactions given in Eq. 1 are taking
place. The gas oil cracking reactions are described by
second-order kinetics while the overcracking reaction from
gasoline to the light gases is described by first-order kinetics:

v Material balance for gas oil F

dyf 2 w xsy K y COR f t , y zs0 s1, A1Ž . Ž .1 f c fdz

where K is the reaction rate of the total cracking of gas oil1

y Ef
K s k exp . A2Ž .1 1 ž /RT 1quŽ .r i

v Material balance for gasoline G

dyg 2 w xs K y y K y COR f t , y zs0 s0 A3Ž . Ž .Ž .2 f 3 g c gdz

where K is the reaction rate of the gasoline production and2
K is the rate of the overcracking reaction:3

y Ef
K s k exp A4Ž .2 2 ž /RT 1quŽ .r i

y Eg
K s k exp A5Ž .3 3 ž /RT 1quŽ .r i

May 1999 Vol. 45, No. 5 AIChE Journal1038



w xThe catalyst to oil ratio is given by COR s F rF and tcat feed c
is the residence time of the reaction mixture in the riser. The
variable z is the dimensionless distance along the riser, where
zs0 denotes the bottom and zs1 the top of the riser.

v The deactivation of catalyst f due to coke deposition is
given by

w xf s 1y mC exp y a t COR z . A6Ž .Ž .Ž .rgc c

v The amount of coke produced is estimated using the fol-
lowing correlation

y Et c fc
C sc exp . A7Ž .cat N( ž /RTC rorgc

The amount of coke on the catalyst leaving the riser is thus

C sC qC . A8Ž .sc rgc cat

A simple material balance gives the amount of coke pro-
duced during the cracking reactions, while the product flows
Ž .kgrs of unconverted gas oil F , gasoline F , and lightu go gl
gases F are given by the material balances for gas oil andgs
gasoline

F s F C yC A9Ž .Ž .coke cat sc r g c

F s y 1 F A10Ž . Ž .u go f feed

F s y 1 F A11Ž . Ž .gl g feed

F s 1y y 1 y y 1 F y F . A12Ž . Ž . Ž .Ž .gs f g feed coke

v The quasi steady-state energy balance along the riser to-
Ž .gether with the riser entrance temperature T sT zs0 isr i

given by

D H F dydu f feed f
s A13Ž .

dz T F c q F c q lF c dzŽ .r i cat pc feed p f l feed p d

T z yTŽ . r i
u z s , u zs0 s0, T sT zs1 A14Ž . Ž . Ž . Ž .roTri

F c q lF c T q F c TŽ .feed p f l feed p d feed cat pc reg
T s . A15Ž .r i F c q lF c q F cfeed p f l feed p d cat pc

The regenerator model consists of the balance equations for
coke, oxygen, and energy.

v Material balance for coke on regenerated catalyst

dCrgc
W s F C yC y R . A16Ž .Ž .cat st r g c cbdt

The rate of coke combustion is given by the following rela-
tionship

Ecb
R s k exp y O C W . A17Ž .cb cb d rgcž /RTreg

v Oxygen balance in the regenerator dense bed

dO F 1q1.5s Rd air cb
W s O yO y . A18Ž .Ž .a in ddt M 1qs Mair c

The variable s denotes the ratio of CO to CO produced2
during the coke combustion reactions. In the considered op-
erating region, it is assumed to be linearly dependent on the
regenerator temperature

s s1.1q0.0061 T y873 . A19Ž .Ž .reg

v The regenerator energy balance is given by the following
relationship

dTreg
Wc s F c T q F c Tpc cat pc st air pair airdt

s Rcb
y F c q F c T y D H q D H .Ž .cat pc air pair reg CO CO 2ž /1qs Mc

A20Ž .

The heats of reaction, D H and D H , are given by theCO CO2

following empirical relationships

D H sy361,465.3q16.23T y31.92=10y4T 2
CO reg reg

q18.67=10y7T 3 q1,275,299.0rT A21Ž .reg reg

D H sy284,375.0y1.653T q29.51=10y4T 2
CO reg reg2

q425.588.2rT . A22Ž .reg

v The increase in temperature of the cyclones compared
to the regenerator dense bed is assumed to be linearly de-
pendent on the oxygen concentration in the regenerator dense
bed

T sT q5,555O . A23Ž .c y reg d

The temperature rise from the regenerator dense bed to the
cyclones is then given by

DT sT yT . A24Ž .c y c y reg

The separator is modeled simply as an ideal mixing tank
with coke and energy balances, which introduces a lag be-
tween the riser outlet and the catalyst return to the regenera-
tor

dCst
W s F C yC A25Ž .Ž .st cat sc stdt

dTst
W c s F c T yT . A26Ž .Ž .st pc cat pc r o stdt

The model describes the partial combustion mode of the FCC.
The independent variables and nominal parameter values of
the FCC model are given below. The complete combustion
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mode can be described using the same model with a few
modifications which are outlined by Hovd and Skogestad
Ž .1993 .

Parameter ©alues of the FCC model

c s3.1335 kJrkg ?K Rs8.31451 kJrkmol ?Kp f l
y1c s1.005 kJrkg ?K a s0.12 spc

c s1.9 kJrkg ?K D H s506.2 kJrkgpd f
c s1.05 kJrkg ?K ms80pair

ls0.035 E s41,790 kJrkmolc f
5 y1k s9.6=10 s M s28.8544 kgrkmol1 air

5 y1k s4.224=10 s M s14 kgrkmol2 c
5 y1 8 y1k s7.2=10 s k s1.9=10 s3 cb

y1t s9.6 s c s0.019 sc
5E s1.015=10 kJrkmol Ns0.4f
5E s1.126=10 kJrkmol O s0.2136g in

Independent ©ariables of the FCC model

F s40.63 kgrs W s20 kmolfeed a
T s400 K W s17,500 kgfeed st

T s320 K E s157,884.23 kJrkmolair cb
W s175,738 kg

Optimal FCC on-line optimizer structures
In this section, the rankings of the ten best on-line opti-

mizer structures for both the conventional and the riser-re-
generator control structure are given. The on-line optimizer
structures together with the necessary constraint backoff, b ,tot
and the average deviation from optimum, Q, are shown in
Tables A1 and A2.

Table A1. Ten Best FCC On-Line Optimizer
Structures for the Conventional Control Structure

Estimated b Qtot
Ž . Ž .Measurements Parameters K $rd

T , F , T , T t , k 3.2845 y1,703.04reg g l r i c y c 1

T , T , T t 3.2987 y1,710.07reg r i c y c

T , F , T , T t , E 3.2987 y1,711.01reg g l r i c y c g

T , F , T , T t , E 3.2987 y1,711.09reg g s r i c y c g

T , F , T , T t , k 3.3007 y1,712.20reg g s r i c y c 1

T , T , T k 3.2954 y1,713.11reg r i c y cb

T , F , T , T k , E 3.2954 y1,713.87reg g l r i c y cb g

F , T , F , T , T t , l, k 3.3046 y1,714.00u g o reg g s r i c y c 1

T , F , T , T k , E 3.2954 y1,714.21reg g s r i c y cb g

F , T , T , T t , l 3.3063 y1,714.31u g o reg r i c y c

Table A2. Ten Best FCC On-Line Optimizer
Structures for the Riser-Regenerator Control Structure

Estimated b Qtot
Ž . Ž .Measurements Parameters K $rd

F , DT , F t , k 2.2756 y1,164.99u g o c y g l c cb

F , DT , F , T t , k 2.2756 y1,165.49ugo c y g l c y c cb

F , DT , F , T t , k 2.2756 y1,165.49u g o c y g l r i c cb

F , DT , F t , l, k 2.2755 y1,165.52u g o c y g s c 1

F , DT , F , T , T t , k 2.2756 y1,165.99u g o c y g l r i c y c cb

F , DT , F , T t , l, k 2.2755 y1,166.01u g o c y g s c y c 1

F , DT , F , T t , l, k 2.2755 y1,166.02u g o c y g s r i c 1

F , DT , F t , k , k 2.2755 y1,166.02u g o c y g l c cb 1

F , DT , F t , k , k 2.2755 y1,166.02u g o c y g s c cb 1
DT , F , F t ,k , k 2.2755 y1,166.02c y g l g s c cb 1
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